BOUNDEDNESS OF SINGULAR INTEGRAL OPERATORS

OF CALDERON TYPE, VI
TAKAFUMI MURAI § 1. Introduction
In this paper, we improve an inequality given in [3] . Let L p (1 <L p <; oo) and BMO denote the L p space and the BMO space on the real line. Their norms are denoted by || \\ p and || \\ B MO> respectively. For a locally integrable real-valued function φ(x), we define a kernel by
where Φ(x) = φ(s)ds. We denote by E[φ] the singular integral operator Jo defined by this kernel and denote by ||£7[0]|| its norm as an operator from U to itself. It is very important to estimate ||<E[0]|| and the author [3] showed that ||2£[0]|| ^ Const {1 + H^HI^o}. The purpose of this paper is to show
Recently, Tchamitchian [5] 
where v(a) = <Jaτ(a) + a.
Before the proof of this lemma, we show that our theorem is deduced from (1). In [3] , [4] , In the same manner, (1) and the rising sun lemma yield that We have, by (4), 
Ju
In this paragraph, we estimate A ί3) and A <2) . We have, by (5) Const v(ά)\I\.
2.4. In this paragraph, we estimate A (1) . We have Since ψ(x) is a constant at each I k , we have, with H(x, y) = l/(xy) and a sequence {d k } k=1 of real numbers,
We have, by (3), In the same manner as in A (3) , |B (3> | <Ξ Const v(α)|J|. In the same manner as in A C2 >, |B ( Inequalties (8), (9) and (10) show (1). This completes the proof of our main lemma. As stated above, the required inequality is deduced from our main lemma. This completes the proof of our theorem.
Using σ(-, •), Tchamitchian [5] showed that \\C[φ]\\ ^ Const (1 + \\φ\\ BM0 ).
Replacing σ( , ) by σ( , ) in his proof, we obtain ||C[0]|| ^ Const (1 + VRBATO)-
